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One of the active areas of modern set theory is the study of cardinal
characteristics at arbitrary regular cardinals. An example is the ultrafilter
number of a regular cardinal κ, denoted u(κ), which is the least size of a
base for a uniform ultrafilter on κ. Recently in [2], the authors showed that
it is consistent to have a complete control on the ultrafilter number of a
regular cardinal κ, but their result required a supercompact cardinal and it
is worth asking if the large cardinal strength can be reduced. As a stepping
stone, we show that assuming the existence of a supercompact cardinal, we
can work in a model found by Apter and Gitik in [1] where the first strongly
compact cardinal is indestructible and by adapting the results in [2], we can
control the value of its ultrafilter number.
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